Taking t = 0 we get B = f (0) = sin β, while t =
In 1845, J. Bertrand conjectured that for any integer n > 3, there exists at least one prime p between n and 2n − 2 [1] . In 1852, P. Tchebychev offered the first demonstration of this now-famous theorem. Today, Bertrand's Postulate is often stated as, "for any positive integer n ≥ 1, there exists a prime p such that n < p ≤ 2n."
Furthermore, if we let p n denote the nth prime, then it is not difficult to show by induction that p n < 2 n for n ≥ 2. Given this inequality, it also follows that p n+1 < 2 p n for n ≥ 3. Contemporary textbooks in number theory which allude to either or both of these two corollaries of Bertrand's Postulate include [2] , [5] , and [6] .
Our purpose is to demonstrate that the textbook bound of 2 n on the nth prime can be improved considerably by using a similar technique involving the following 1952 result of J. Nagura [3] . The motivation for this note originated from a lecture the author recently prepared for his number theory class on the distribution of prime numbers.
Theorem 1 (Nagura).
There exists at least one prime number between n and 6 5 n for n ≥ 25.
In particular, observe that the 26th prime is 101 and (1.2) 26 ≈ 114.48. Then, by induction on n, we now have the following result.
Theorem 2. p n < (1.2)
n for n > 25.
Proof. By the preceding observation, the theorem is true for n = 26. Now assume that for n = k, the result also holds. Hence, for n = k + 1, the induction hypothesis
So, for example, if n = 26, we may compare the upper bound of (1.2) 26 ≈ 114 obtained by Theorem 2 to the present textbook bound of 2 26 = 67108864. It would appear that a significant improvement in the estimate is to be had for the same effort.
Finally, we remark that for n ≥ 7022, an even better estimate is obtained by using the more recent result of G. Robin [4] . It states that p n ≤ n log n + n(log log n − 0.9385).
However, a succinct demonstration of Robin's result is likely to be beyond the scope of most elementary courses in number theory.
